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ABSTRACT: The Standard Model Neutrino Effective Field Theory (SMNEFT) is the Stan-
dard Model Effective Field Theory (SMEFT) augmented with right-handed neutrinos.
Building on our previous work, arXiv:2010.12109, we calculate the Yukawa coupling contri-
butions to the one-loop anomalous dimension matrix for the 11 dimension-six four-fermion
SMNEFT operators. We also present the new contributions to the anomalous dimension
matrix for the 14 four-fermion SMEFT operators that mix with the SMNEFT operators
through the Yukawa couplings of the right-handed neutrinos.
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1 Introduction

The sterile right-handed neutrino is one of the most well studied extensions of the Standard
Model (SM) motivated by, among other things, the observation of neutrino masses and
mixing. Instead of considering all possible models, an efficient alternative is to use a
model independent approach based on the principles of effective theory. The idea is to
construct all possible operators representing the interactions of sterile neutrinos with SM
fields consistent with the symmetries of the SM. The framework is valid between the scale
of electroweak symmetry breaking, ugy -, and the cut-off scale for new physics, A.

In the effective theory approach, the leading terms of the effective Lagrangian are given
by the SM, and the new interactions of the right-handed neutrino with the SM fields are
described by higher dimension operators,

=Y co. (1)

The operators O; respect the SU(3)xSU(2), xU(1)y gauge symmetry and are constructed
from SM and right-handed neutrino fields. The renormalization scale dependent Wilson
coefficient (WC) C;, determines the size of the contribution of operator O;, and is calculated
by matching the effective theory with the underlying theory.



Given the absence of new physics signals at the LHC, the use of effective theory to
study physics beyond the SM has received much attention recently. With only SM fields,
the Standard Model Effective Field Theory (SMEFT) is obtained [1-4], and the one-loop
renormalization group evolution (RGE) of all dimension-six operators have been presented
in refs. [5-7].

Extending SMEFT with sterile right-handed neutrinos n, yields the Standard Model
Neutrino Effective Field Theory (SMNEFT) [8-12]. Loop effects in SMNEFT have only
recently started being studied. We presented the gauge terms of the one-loop RGE of
all dimension-six operators in SMNEFT [13]. The mixing between the bosonic operators
was discussed in ref. [14], and the one-loop RGE of a subset of four-fermion operators was
provided in ref. [15].

In this paper we calculate the one-loop RGE of all dimension-six four-fermion SMNEFT
operators that arises from the Yukawa interactions of the Higgs, right-handed neutrino and
SM fields. We assume the neutrinos are Dirac in nature. Our formalism is generalizable
to the Type-I two-Higgs-doublet model. Note that the neutrino Yukawa couplings may be
large if a contribution to Dirac neutrino masses from high scale physics, as for example in
ref. [16], is rendered small by virtue of a cancellation by the Yukawa contribution.

We present our calculations and results in the gauge basis because a transformation to
the mass basis involves a rotation of the quark and lepton fields to their mass eigenstates.
This rotation is inherently model-dependent since only the left-handed quark and lepton
mixing matrices are experimentally accessible. Moreover, how the Yukawa interactions
of the right-handed neutrinos relate to the neutrino mixing parameters depends on the
mechanism of neutrino mass generation.

The paper is organized as follows. In section 2, we introduce the formalism to compute
the RGE of the dimension-six operators. In section 3, we present the one-loop anomalous
dimension matrix (ADM) of all four-fermion operators in SMNEFT, and the additional
RGE terms in SMEFT that arise from Yukawa couplings of the right-handed neutrinos.
Finally, in section 4 we present our summary.

2 Formalism
The SMNEFT Lagrangian is

ZsungrT O idn + Lrukawa + Y Ci0s (2.1)

where C; are the WCs of the dimension-six operators. The Yukawa terms with generation
indices suppressed, are

Prkawa = — [0V dYyq; + dPuYuq; + ¢eYoly + ¢UnY,l; + heel, (2.2)

where ¢ is the Higgs doublet and ¢/ = ¢/ k¢r. The four types of Yukawa interaction vertices
for the quark sector are shown in figure 1.

There are a total of 16 (AB = 0 = AL) new operators in the SMNEFT framework,
which are shown in table 1 in the Warsaw basis convention [2].
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Figure 1. The four types of Yukawa interaction vertices. The flavor indices ‘pr’ and SU(2)p
indices ‘jk’ are written explicitly.
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Table 1. The 16 SMNEFT operators involving the right-handed neutrinos n in the Warsaw
convention which conserve baryon and lepton number (AB = AL = 0). The flavor indices ‘prst’
are suppressed for simplicity. The fundamental SU(2), indices are denoted by j,k, and I is the
adjoint index.

The Lagrangian can be written in terms of bare fields OO as
Zevingrr O C T+ O 4 counterterms =C T - Z - OO (2.3)

where Z = Z¢y/Zy, is the renormalization constant matrix which depends on corrections
from the counterterms, Z., and the wavefunction renormalizations, Z.,. Given that the
bare operators and Lagrangian are independent of the renormalization scale u, the RG
equations for the Wilson coefficients are

C= 167r2u;i5: —16%2(ZT)_1M(ZLZT5. (2.4)

The main task is to calculate the expressions for Zy, and Z;, which is detailed below.

2.1 Wavefunction renormalization

The bare field (¥ is related to the renormalized field ¥ via



B T

iz > g

> 7lp

Figure 2. Self-energy of right-handed neutrino n.

For the four-fermion operator, O4y = U11ho31hy, the wavefunction renormalization con-

Zr = f[ Zy, . (2.6)
=1

From figure 2, the Yukawa-dependent wavefunction renormalization of a right-handed neu-

stant is given by

trino n is
(Y)
¥ =1 L 2.7
20— .
o 16m2¢’ 2.7)
where W%Y) = [V,.Y,{],r, in the notation of ref. [6]. We have taken dimension, D = 4 — 2¢,
pr
in dimensional regularization. Similarly, we have,
y 1
W) = VI A Y, ) =
pr pr
1 Y
V) = SV Ya+ YVl 1) = Ya¥flor, Y =Y (28)
pr pr pr

2.2 Counterterms

The corrections from counterterms cancel the ultraviolet (UV) divergence from the one-
loop diagrams. In the one-loop diagrams, there are 14 different structures as in figure 3;
there are seven counterparts to those shown. We display the UV divergent part of each
structure in figure 3.

The UV divergent parts in figures 3(a) to 3(c) are of the form

1

D, = —mwﬂ“rlw%)(?ﬁsH%), (2.9)

Dy = —m(&1’yufl¢2)(@37ur2¢4)a (2.10)
1 - _

D. = —m(¢1rﬂu¢2)(¢3wr2¢4)7 (2.11)

where I'y and I's are the Lorentz structures for the upper and lower vertex, respectively.
In figure 3(d), I'; has to be P, which is the projection operator of the chiral fermion field
12, because for the other possibilities, the UV divergent parts vanish. Thus we obtain

1 - _
Dy=— (1 P P, . 2.12
4= Tgr20 (V1) (Vs Prha) (2.12)
The UV divergent part of figure 3(e) is of the form
1 - -
e = —m(iﬁwupzlbz)(%w]ﬁlb@- (2.13)
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Figure 3. The seven structures that contribute to the four-fermion operator anomalous dimension
matrix at the one-loop level. The ); are operator-dependent external fermions. The fermion inside
the loop is related to v; through Yukawa or gauge couplings.

For the dipole operators in figures 3(f) and 3(g), the UV divergent parts are of the form

Dy = 64'2 (Y10 Potp) (37 ¥ Pyapy) (g*P g7 — g g¥P)

= 3212 (V10" Pat2) (30 Patha) (2.14)
Py = 64 3 (010" Pytpn) (s v Pupa) (99" — ¢"*g"")

_ f327lr26(21310#Vp2¢2)(1/33auyp4¢4)‘ .15)

To simplify our results further, we follow ref. [6] and define the amplitudes in figure 4 in
connection with figure 3(d):
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1
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Figure 4. The Feynman diagrams associated with the ¢ parameters in eq. (2.16).

1 1
£a = 2(6(22 + CF73C(221 )[YdT]wv - (Ncc(l) + 50(1) + §CF,SC(8) )[YJ]wv

quqd quqd quqd
pwur pwvur vrpw prow prow
1
_CZedq [YeT]vw - Clgnzzd Yolwo (2.16)
vwrp vwpr

where the quadratic Casimir Cp3 = % and the number of colors N, = 3. The £ parameter
for right-handed neutrinos n (&), corresponds to the new terms in SMNEFT, while the last
terms in &, &, and &, are contributions from the right-handed neutrino Yukawa couplings
not present in SMEFT.

3 Results

In this section, we present the Yukawa coupling contributions to the one-loop RGE for all
four-fermion SMNEFT operators, and the new RGE terms for the four-fermion SMEFT
operators due to the mixing between SMEFT and SMNEFT operators via the right-handed
neutrino Yukawa couplings Y,,. The contributions from the fermionic operators come from
the Feynman diagrams in figures 3(a) to 3(d), with contributions from figure 3(d) given by
the £ parameters.

3.1 Anomalous dimensions from Yukawa couplings: SMNEFT

The bosonic operators in table 1 contribute to the SMNEFT ADM but not the SMEFT
ADM. The contribution from the bosonic operator 12¢?D is shown in figure 3(e). The
RGE of the dipole operators Oy,¢. and Oéi)qd is modified by the 12X ¢ operators in table 1
and the relevant diagrams are shown in figures 3(f) and 3(g). These terms contain both
gauge and Yukawa coupling contributions.

3.1.1 (RR)(RR)

Cnd = *2[Ynyg]p7“c¢d + 2[YdeT]stC¢m - Q[Yn]pv [Yrj]’uﬂ'c d — 2[Yd]sv [YdT]wtC qn
st

prst pr vwst vwpr

- ([Yn]pv [Yd]swcéyllzzd =+ [Y’r”m“ [YJ]Wtclgrlzz]Ti>

vrwt vpws



+12 <[Yn]p’v [Yd]swclgizd + [YJ]UT [Y;]Wtclgfzz;l)

vrwt vpws
Y Y
+73C na +ng 1Coa +Cran) +Coa ’Yfi ), (3.1)
pv vrst sv prot puvst yr pPrSv ¢
C'nut - _2[YHYJ]I’Tc¢u - 2[YUYJ]815C¢” - 2[}/”]171) [Yr:r]wTC by — Q[Yu]sv [YJ]wtC qn
prs st pr vwst vwpr
+ ([Yn]pv [YJ]wtcﬂnuq + [Yr”vr [Yu]swc;nuq>
vrsw vptw
+7(ny)c nu T+ 'YSLY)C nu + Cnu ’Y%Y) +C nu ')’SLY) X (3.2)
pv vrst sv prot pvst yr prsv  ut

prst pr TS

Crne = =2YnYlprCoc + 2[YeYstCon + 2{Ye ] ]rCone + 20Yn Y 1peCine
st pt

_2[Yn]pv [Yr”wrc le — ([YN]pv [Ye]swcfnfe + [Yr”vr [YeT]wtCZnée)

vwst vrwt vpws

+ ([Yn]pw [Ye]svcénﬁe + [Yg]wr [YeT]vtCZnﬁe>

vrwt vpws
_2[Ye]sv [YeT]wtC m + V%Y)C ne T V(eY)C ne, +C neﬂ(ny) +C ne 'Y(ey) ) (3'3)
vwpr pv vrs sv prv pvst yr pPrsv oyt

Cnn - _[YnYr:r]pquﬁn - [YnYJ]sthﬁn - [Yn]pv [Yrj]wrc In — [Yn]sv [YnT]wtC In
st pr

prst vwst vwpr
+7(ny)c nn T 'YS—LY)C nn + Coun ’Y%Y) +Cnn ')’7(1Y) , (3.4)
pv vrst sv prot pvst yr prsv  at

C'nedit = 2[YdYJ]StC¢mB + 2[Yn}/;T]PTC;ud - [Yn]pv [Yd]3w< lgit)zu - 12Clg§c)1u)
prs pT ts vrwt vrwt

Yl ¥ttty + ¥ o ¥ Dot Chgs = 1205053 ) + Y hor Yl

vrsw vpws vpws vptw
Y
+’Y(nY)Cned? + ’Y(d )Cned? + Cned}L'Y(eY) + Cnedu'YgLY) . (35)
pv vrs sv prv pbvus vr prsv. ot

3.1.2 (LL)(RR)

q

vwpr

Con = VY = Y ValprCon — 200V, 11Cl) — 20¥ul o[V 1uiC) = [Yalur [Vl 1€
st pr

prst stvw

1 1 1)*
- [Yd]wr [Yj]pvc ?d + 5 ([Yn]sw [Yd]vrcénzzd + [Yg]wt [Yj]pvcénld)
stvw witpv wsrv

46 [ValeulYalorCly + YtV Il

wipv wsTrv

1 *
- = ([Yn]sw [YJ]vaEnuq + [YWT]UIt [YU]UTCEnuq)

2 wtvr wsvp
+’Y(qY)C qn + /Y%Y)C qn + C qn /Y(qY) + ¢ qn ’71(1Y) ’ (36)
pv vrst sV prut pust yr prsv vt
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st

prst pr vrwt pvsw
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+([Ye]wr

stvw vtsw vwst pvwr

1
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prow 2 vtpw wsTrv

YalooCante + (¥ [V utChnte) + [Yalorn + V155 +74C en

ptow rswv P rs pv Vst

T7n Con +Cum ’Y(EY) +C ’Y%Y) . (37)

prot pvst g prsv ot

3.1.3 (LR)(RL) and (LR)(LR)
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prst

5(1
Cén?]d =

prst

C‘(S)
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prst
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Table 2. The 14 four-fermion SMEFT operators whose anomalous dimensions are modified by
right-handed neutrino Yukawa couplings. Here, I(A) is the adjoint index of SU(2);, (SU(3)¢).

20V o [YalwtC tu — 20, lso[YaluwtCig — 2n [Valt — 267, [V pr
pvsw prow st

+’Y(gY)C£nuq + ’VSLY)CZnuq + Cénuq')/(ny) + Cénuq')/gly) s (3.11)
pv vrst sV prout pvst vT prsv ot
where y, = 0, ye = -1, yo = —1/2, y4 = —1/3, y, = 2/3, and y; = 1/6 are the

hypercharges.

3.2 Anomalous dimensions from Yukawa couplings: SMEFT

The Yukawa interactions of the right-handed neutrinos modify the RGE of the four-fermion
SMEFT operators listed in table 2. We only provide the additional terms induced by the
right-handed neutrino Yukawa couplings Y,,. For the operators in the lower panel of table 2
the anomalous dimensions are modified via the & parameters in eq. (2.16).

3.2.1 (LL)(LL)

. 1 1 1
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1 1
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stow pvsw Swpv
1
5 (Wl + el e )

. 1 X
¢y > WYl = Vlnl¥odurC g + 5 ([¥alorWodaCnsg + V1oV iy

prst st stvw 4 pvwt TUOWS

1
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3 3)*
43 (Wl Vel Ol + Tl )

pUSwW rotw



. 1 *
C(Z; 2 _[YJYH]PTCgZ) + Z <[Yn]vr [Yu]swcfnuq + [Yr”pv [YJ}wtC[qu>
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Wl [t 2 4 [V [V sl
+4 [ n]vr[ d]wt Ingd + [ ]pv[ sw fnqd
rotw

pvsw

_3([Yn]w [Yd]wtC§n21d + [V ]lY, ]chgnqd) (3.12)

pvsw rotw

3.2.2 (LL)(RR)
Cra > [ViYalprCoa = WalpulVllurC na + 5 <[Yd]sw YlorComra + (Y lut Y, ]pvctéjgl’;)
pvwt TVWS
+6( ¥l ¥olorClg + [V Vun mClop ) (3.13)
pvwt rTVWS
. 1 i}
Cplu [Y Y, ]prc¢u - [ ]pv [Yrﬂwrc nu, - 5 ([YJ]wt[Yn]vrcénuq + [Yu}sw [YT”Z?UCEnuq> ’
rst VWS pvsw rotw
(3.14)
Ce, 2 Welerte + V€ + VYol Cow = Walpul Vil urC e
1
45 (D eulYolor ot + YT ¥ i ) (315)
; 1 1
1 *
C}fqrét ) E[Yu]sr’g; + E[Yj]ptfxa (3.16)
C'(qgg D 2[Yulsru + Q[Yj]ptfz ) (3.17)
prst pt T8
(1 1 1 )
Ciqri)lt > E[Yd]srf;it + ﬁ[yj]ptfdsa (318)
C(Sc)l > 2[Yd]sr§d + 2[ ]pt&d (319)
prst
3.2.3 (LR)(RL) and (LR)(LR)
Cfedq D) _2[Yd]st§e - Q[Yj]prfz + 2[Y7Hpv [Y; ]wr lglzzj*d + 2[Y7“pv [Yu]wtcnedu ) (320)
prst pr wust VrSwW
Ciogu 2 20701t ¢ + 200 hprs + 20110 [V urCinag = 20501 [V e, (3:21)
prst wuots vrwt
-(3 1
Clget)]u > §[Yﬂﬂpv [Y;]swcnedga (3.22)
p’V‘St vrw
Céizld D) _2[YJ]pr£c{f - Q[YdT]stggL . (323)
prst s T

4 Summary

We presented the Yukawa terms of the one-loop anomalous dimension matrix for the
dimension-six four-fermion operators of SMNEFT. This complements the gauge terms cal-

culated in ref. [13]. Even if the right-handed neutrino Yukawa couplings are small, the

~10 -



induced mixings between SMNEFT operators can result in large RG running proportional
to the other Yukawa couplings. The Yukawa couplings of the right-handed neutrinos also
cause the SMEFT and SMNEFT operators to mix. We calculated the new ADM contribu-
tions for the 14 four-fermion SMEFT operators that are affected by this operator mixing.
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